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EE L BRB z=f(x.y) = (x.y) AT, W z=f(x.y) TR (X.y) LEE.
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IERR. H f RIIATEA
Az =AAX + BAy + o(p)

limAz=0
p—0

Ligg)f(x + Ax,y + Ay) =f(x.y)
BT f(x,y) 8= (X, y) REE.

EIE 2. ERE z=f(x.y) 2 (. y) °7I#7, W f(x.y) £2 (x.y) CHRSELEEFE,
Bz=f(x.y) = (x.y) WEHsH

0z 0z
dz=— dx+ — dy
oX oy

IERR. EB f AIIATEA
Az = AAX + BAy + o(p).
% Ay =0, BB p = |Ax|, A&
f(x+ Ax.y)—f(x.y) = ADX + o(|Ax]).
EXMmARRKRU Ax, #4 Ax - 0, 1§

. fx+AMxy)—f(x.y)
lim =
Ax—0 AX

A

0z 0z
PNION SR = =&, BFT A, EHEANLE Y = B. JEEE.

?
—TERBPEERSHEE = WHOFE —TEREXSHNERSEEE = 2HHSHFE

5l F. R f(x.y) = X<ty = (0,0) &% £+(0,0) =£,(0,0) =0,
0 x2+y?2=0
T=
Ax - Ay

V(BX)Z + (by)?

Az— [£,(0.0) - Ax + £,(0.0) - Ay] =
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) Ax - Ay
MR lim IEE, MEBAAH.
p=0 \/(BX)? + (By)?
Fid. ZRRENRRSBEE > NI HFE.
Bl 1 (FTMMFES ). MREK z = f(x.y) BWRSH 2 | j—j R (X.y) EE, MIZERH
R (x.y) TS

IERA. TS
Az =f(x+ Ax,y + Ay)—f(Xx.y)

=[f(x+Ax.y + Ay) —f(X.y + Ay)]
+[f(x.y + Ay)—f(x.y)]
i AP EEE, AF
f(x+Ax.y + Ay)—f(x.y + Ay)
=fi(X+0:1Ax,y+ Ay)Ax (0<6;<1)
=fx(x.y)Ax + £10x (KIBRSFEAHIEE)
Heh g, A Ax, Ay WER#H, B Ax — 0,Ay — 0 Bf,e; — 0.

[E)38

fx.y +By)—f(x.y) =f,(X.y)Ay + €24y,
BY Ay > 06t &, -0 FES

Az = (X, y)DX + 10X + f, (X, y)Ay + £2Dy.

XEH

10X + g,Ay
o)

HEH z=f(x.y) R (X.y) LAHE.

JiRE, BE2WMA A

—0
< leal + e2] 5 0,

BERMNE-TRAENERIFTENA MM X GERAZTEREHNHSFEEM
[REE.



22 BI\E ZTRENS

EWOEX T E=T R =T LR
ou ou au
du=—dx+ —dy+ —dz
X oy 9z

E2MEREHERT A ERBEIER.
Bl 2. HEERH z=eY F£R (2.1) LWHERS.
. BEHHE

— =ye¥, — =xev,
x 7 dy
T=
0z 0z
— =e? — =2e?
0X (2.1 Y |(2.1)
BATK M7 7

dz=edx+ 2edy.

5 3. KEH z=ycos(x—2y), &H x=7.y=m dx=7.dy=m FEHLHS.

2. HEMHHT

0z _ 0z .
— =—ysin(x—2y), — =cos(x—2y)+ 2y sin(x— 2y),
dX oy
T2
dz| oz d oz d /2 (4—7m)
Zl(z gy = — X+ — = —mn(4—7m).
G ™ oxlzm oY |(z ) "7 78

Bl 4. HHEHK u=x+sin+e” HEHS.

fi#. BEHZH:
ou ou 1 y ou
— =1, —=—-cos=+ze"” —=ye”
aX oy 9z

HETR &M

1
du=dx+ (5 cos }2—/ + zeyz) dy + ye¥?dz

#31. Rz=x>y>*fEx=1, y=2, Ax=0.2, Ay =0.1 BFILH4.

23] 2. K z=e NEM7.

%
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%3] 3. Ku=xy+yz+zx LS.

5 5. IR
Xy sin — .(x.y) #(0.0)
x2+y?

0. (x.y)=1(0.0)
= (0,0) EEHRESHEE, BRSHES (0,0) TELE, M f £ (0,0) AL

fx.y)= {

B BAXEXTE, BT RSEFS
(x.y) #(0.0).(x.y) = (0.0) itiL.

HERR. £ x=pcosB.y =psino, N
1 1
lim xysin ———— =limp?sin@cosB-sin—
(x.y)—(0.0) X2 +y2 p=0 o

=0=7(0.0).
HEHAER (0,0) EE,
f(&x.0)—£(0.0) i 0-0
AX = Ao AX

x(0,0) = AI)I(rln0

[E)3E
£,(0.0)=0.
% (x.y) #(0,0) BT,
1 X2y 1

fx(x.y) =ysin

— cos .
VXE+y? 2 +y?)? VX2
L= P(x.y) iBEZ y = x #&T (0.0) B, AR

1 x3 1
lim fi(x,y)=Ilim (xsin — cos )
xx)—=(0.0)" X—0 V2Ix|  24/2)x)3 V2|x|

ATFLE. B fx(x.y) 7 (0.0) TiE4L.
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FERAE £, (x.y) 7 (0,0) Tiks.
TIE f(x.y) £ (0,0) AT

Af =f(Ax,Ay)—f(0.0)
1

V(BX)? + (By)?
= o (V2 +ayy)

= Ax-Ay-sin

(@)

X |

1R HUELE

8.3.2 ERHEENHEFHNAE

FMA2HS AR, BRNETIREMITELAR:
fx+ Ax,y + Ay) = f(X.y) + fx(X.y)AX + f, (X, y)Ay

5l 6. +E (1.04)%°? BIIEINE.
iR R f(x.y)=x", FB x=1,y=2,Ax=0.04,Ay = 0.02, N
H0GYy)=yx 7t f(x.y) =xYInx,
FREAf(1.2)=1,£(1.2)=2,£,(1.2)=0, #
(1.04)22 ~1+2x0.04+0x 0.02=1.08.

22
F
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%43 4. 5k 1.012°° B9 {UE.

5l 7. EXES A H=20cm, #Z R =4cm HE#KERAHNSHEL—FEEER 0.1 cm B
T, AEEERLZVEE? (BENZEER 8.9 g/cm3)

7. E#EARERA V=nR’H. KkEE, FEKR=4H=20.AR=0.1,AH = 0.2 F#Y
AV. BF

514 14
— =2nRH, — = nR>.
oR oH
oV oV
AVaxdV=— AR+ —-AH
oR oH
=160me0.1+161me0.2
=19.2ncm?

MR E & HERH 19.21 x 8.9g.
1. ZRREBEMT BB,

2. ZRLRPEHAHIRIE;
3. ZURHEL, AT, AMHXER CEE: 5S—nRBHXAD

8.4 ZESERHAIKIIEN

E—TLRHEMIFH, EEHR ?ﬁﬁﬁ*%zﬁﬂi%i%ﬁ’]ﬁfﬁﬁ MAEFRNELEHE BIZTESER
BER. TEERRSAESRBARANESER, 5=MERETITL.
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Efi 1. MREH u=0(t) & v=y(t) BEA t TR, B z=f(u.v) EXIES (u.v) &
SRSYH WEARH z=fle®).¢yM)] &Rt AT BH
dz ozdu odzdv
At u dt T ov dt
Fid. EREEMEILAH# 2R ETESTHENNER W
dz o9zdu o9zdv 9z dw
dt ~oudt T avdt  awdt

N dZ S s
AT Yo FAESFH.

Fig. kiR

JERA. 1§ t FRiSHEE AL, NG
Au = ¢(t + At)— ¢(t), Av = @(t + At) — y(b).
TR z=f(u,v) = (uv) BEERSHE, ¥

0z 0z
Az=—Au+ —Av+ &g, Au+ &Av,
ou A%

HAU—-0,AVv—>0H}, &g, —-0,6,—-0. F2
Az 0z Au 0z Av Au Av

[— + & —
At ou At T av ot ar T
", A d Av
WAt -0 R, Au—0,Av— 08, du Ly _ dv oy
dz Az 09z du 9z dv

—=lim— = — e — o — - —,
dt 2-0At o9u dt ov dt

AN AN E R

/5\%
\W/‘

dz azdu ozdv 9z dw
+
dt ou dt ovdt ow dt
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il 1. % z=uv+sint, Miu=e',v=cost R£FH £

. AXHS5E
dz 0z du o9z dv o9z

dt ou dt Tav dt 't
=ve'—usint+ cost
=efcost—efsint+ cost
= ef(cost—sint)+ cost
EIE 2. MREH u=o(x.y) R v=yxy) BER (x.y) BB x B3ty BORESH, &
B z=f(uv) EXEE (u.v) EEEGRSH NWEARE 2z =flo(x.y), ¢(x.y)] =

(x.y) WANMRSEEE BE
0z _ 0zou 9zaov

- = -
X dudx 9V ox

3z 9zdu 9z oV
_— = —
dy dudy advay

AN AN ER

0Z 0ZdUu 0zZoVv

= +
dX QuUdX VX

0Z 0ZdU 0zZ0V

= —
3y dudy advay
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it 1. B u=0(x.y), v=yx.y) B w=wxy) BES (x.y) BEx x &xt y BRS

®, B z=f(u.v.w) EXNNE (u.v.w) EEEERSH, NESEH
z=flo(x.y). ¥(x.y). w(x.y)]
2 (xy) BENMRSHEEE, BETATHARTE:

0z 0Zdou 0zodv 0Z oW

—=——+——+
dX dUAX AVIX W IX

Z

0z 0z du 0z ov 0Z oW

—_—_ - ——— 4 —

9y oudy 9vay oOw dy
. , 3z _ az
5l 2. % z=eYsinv, Mu=xy,v=x+y, k — f1 —.
X  ay

fR. HEZTRBNESREKRSENATE

0z 0z ou 0z 9V

_— = e — 4 — e —

X dU 9x IdV 09X
=e'sinv-y+e‘cosv-1
=eY(ysinv+ cosv)

0z 0z ou 0z 0dV

—_— = e — . —

dy ou 9y oV ay
=esinv.-x+eYcosv-1
=eY(xsinv+ cosv)

. . R "4
%3 1. (1) & z=e%, x=sint, y =cost, k&£EH prt
. ) . . 0Z 0z
(2) ®z=e'sinv, u=xy, v=x—y, KRSH — 0 —.
X  dy
. . oW ’w
5 3. & w=f(x+y+z.xyz).f BEEZMEERSH, K X 1 Pyl

. Su=x+y+z,v=xyz M w=f(uv). AREEELR, 5INLLTIES:

_ V)
~ au

= a%f(u,v)
12 dudv

fi

<—
—

<
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XETHR 1 RARME—NTE u RKIREH, T 2 REIFTEZANTE v RKIESH
G F Bw=f(uVv)Ru=x+y+zv=xyz EERHRIEN, §

ow df ou of ov

— =t ——=f' 4 yzf’
X  AudxX IV ax hi+ye,

ow dof ou of ov

=——+ ——=f'+yzf!
X AudxX IV ax hi+ye,

T=
w9 of’ of’
=— (F+yzf)) = 2 +yf +yz—=2.
X9z 9z (fl yfz) 9z Yh+y 9z
X
/ / /
a_flza_fla_u+a_fla_v =f” +ny”
9z duodz odvoz "1 12
4 4 4
%za_fza_u.kia_v =f” +ny”
9z duodz 9dvaoz " 22
]
azw _f// + X f// + f/+ Zf” + X sz//
axaz_ 11 y12 yz y 21 y 22

=+ y(x+ 2)f) + xy*zfl + yfs.

29

. FIEA

EIE 3. MREBH u=o(x.y) R (x.y) BB x X3t y WRSE, &8 v= ) £=
yAI® B z=f(uv) EXNR (uv) BEEERSE NWESRHK z=flo(x.¥). ¢(¥)]

R (x.y) B MRSHEE BAE
0z 09z ou
ax  auox
0z 0zou o0z dv
oy ouay " ov dy

AN AN E 7R
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0z 0Zou
X AU dX

0z 0dzdou oz dv
= +
oy oduody ov dy

iz =f(uxy) BF u=9¢(x.y) Bl z = flop(x.y).x.y]l. AR z MRSH, TS v =

X, w=y, N
v ow ov ow
— =1 —=0 —=0—=1.
ax ax ay ay
FR2
0z of au+ of 0z of au+ of
X du ax ax dy ou ay ay
0z
* BEAE z=f[d(x.y).x.y] B y BIEEEMmI x BHIRSH.
of ;
* B f(ux.y) PH u & y BEMEEMX x HRSH.

wWH z=f(uv) EEESERIY, u, v AERXE, NLHHA

0z 0z
dz=—du+ —dv
u ov
BEXBu=09(x.y), v=y(x.y), u, v AhEEE, N2 NA
0z 0z
dz=—du+ —dv
ou
FH &5 40
z=flo(x.¥). ¢(x.y)]
SESTEs)
0z 0z
dz=— dx+ — dy
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3z oz .
121' & Fn E 'ﬁ)\.t:_tt’fgf

0zou 0zov 0zou o0zov
dz= <—— + ——) dx + (—— + ——) dy
dUIX IV X dudy dvay
9z (adu ou 0z [dV ov
=—(— dx+—dy>+—<— dx+—dy)
au \ ax ay av \ ax ay
0z 0z
=—du+ —dv
u A%
9z _ 3z
5l 4. B e ™ —-2z4+e?=0, kK — 1 —.
X oy
f#. 5
d(e™¥—-2z+¢€%) =0,
T2
e Yd(—xy)—2dz+e*dz=0,
B
(e?—2)dz=e"(x dy + y dx),
M
ye ™ xe ™
dz= dx + dy,
(ez2—2) (ez2—2)
[

9z ye™ 9z xe™V
X e —2 3y e’ —2

0 0
23 2. FIREWSHHRTEY, KZTERH z= (x> —y?)e™ BRI £ #n 5/.

1 RSEN: HSHIER, BT EE SRS R

2. S HAAREN

31
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8.5 REHAIKFAN

8.5.1 — 1 HERIER

EIE 1 (RERHEEETE). RAH F(x.y) R P(xo.yo) X —MHAREELE RS, B
F(xo0.Y0) = 0,Fy (Xo0.¥0) # 0, MAE F(x.y) = 0 &= (Xo.yo0) KIR—SRIEHAIEREME—H
E—TMEAEESHNESR y =f(X), EWEEMH vo=f(x0), B

dy Fx

dx  Fy
Fic. BAREAEARENERHE v =f(x) RKAFEATE

oF oFdy
Fx.fx)) =0, = —+ —— =
ax1 oy dx

WS PR R ERK S AN,
il 1. BIERFE X2+ y?—1=0 7%= (0,1) WEBBREE—HE— LERTS. BEx=0
BTy =18REH y =f(X), FHFRXBRBEH—MIZMSHE x =0 HIE.
. & F(x.y)=x>+y?>—1, N

Fy=2x. F,=2y. F(0.1)=0, F,(0.1) =2 #0.
R R EACEAAAIE X2 +y?2—1=0 72 (0,1) NEPBAEM—RE—RERT
& BHx=08y=1/MEHYy=7(X).

R —MFI I SER
dy Fx — x dy

dy __ymx y=x(5) 1 dy
dx?2 yz yz y3’ dx2

x=0
5 2. B In/x2+y2= arctan— K —i
. S F(x.y)=1In \/m— arctan i—; Il
y—X

X+y
Fx(x.y) = m Fy(x.y) = X2 +y?
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dy Fy X+y

dx  F  y-x
EIE 2 RRMEAEIE 2). "B F(x.y.2) FES P(Xo0.Y0,.20) E—SBAEGEE R
S B

F (X0.Y0.20) = 0.F,(X0.Y0.20) # 0.
MBI F(x.y.2) =0 R (X0.Y0.20) IFE—IBAIEGEM—HE— "N E B EERSERVER

Hz=f(x.y), ERBBEH 20 =1 (X0.¥0), HE
0z Fy 0z Fy

oX F,” ay F,

9%z
5 3. & x> +y?’+22—4z=0, K —.
ax?

. S F(X.y.2)=x>+y?>+2°—4z, N
0z Fx X

FX=2X,FZ=ZZ_4,_=__= ’

T=
%z (2-2)+xZ (2-2)+x-575 (2-2)+x?
x*  (2-22 (2-22 @ (2-2P
3z ax ay
Bl 4. & z=f(x+y+2zxyz), K — —,—.
ax dy’ az

127, 18 2 B x.y M ﬁﬂx*ﬁﬁﬁﬁ—z

X B 2.y WE ﬁﬁy*ﬁﬁﬁﬁ—g

Sy B Xz BT 2 RIS &%aé

. Su=x+y+z v=xyz N z=f(u,v).

8z B X,y EREF x KIBSHE

8z 0z 0z
_=fu'(1+§)+fv‘(yz+x)/£),

oX
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#1815
90z futyzfy

ax—l_fu_x)/fv'
B x BEX z.y HEREX y RKIRSEIE

X 0X
O=fu-(—+1) +fv-<xz+yz—>,
oy oy

X fu+ xzfy
dy  fu+yzfy

BIRG

£y B X, z ERHX KIS

oy oy
(— >+fv-<xy+xz—>,
9z 9z

PG
a_y _ 1—fu—xyfy
0z fu+xzfy

%3 1. (1) ®HIEsiny+eX—xy2 =0 BETIHREHK vy =f(x), *Efiﬁ—-

(2) ®AE e =xyz ETHREH z=f(x.y), Jkﬁ%i& — %n _y

8.5.2 7RI

TE, EERRNGFEEEENE, ZEHES
{F(x,y,u,v) =0,
G(x,y.u,v)=0
T 3 BREREFEETEIE 3). & F(X.y.u,v).G(X.y.u,v) 4 P(Xo.Y0.Uo. Vo) BIFE—4R
HAAEAMN N EENELERIE, X F(Xo.Y0,Uo, Vo) = 0,G (Xo,Yo,Uo, Vo) = 0, BRF
HETE R R EITHIR ( AFREREL (Jacobi) 175I) :

a(F G) % g_c
T a(uv) L x©
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b=} P(Xo,yo, Uop, Vo) Z;%:Fgf

MFFEEES (Xo.Yo.Uo. Vo) HE—SPIAIEREE—HE—HEBEERSENEH u =
u(x.y), v=v(x.y), EfiTHREH uo = u(Xo.Y0). Vo =V (Xo.¥0), B
au  13(F,G) ' F, F, / F. Fy ‘

- Gy Gy G. Gy
ov._ 1a(F.G) _ ‘Fu Fx'/' F, Fv‘

ax  Jalx.v)
ax  Jowx) | Gy Gy G. Gy

8u_ 18(F,G)_ Fy FV Fu Fv
9y  Jaly.v) |G, Gy Gy Gy |’
aV_ la(F,G)_ Fu Fy Fu Fv
9y  Jauy) |Gu Gy Gu Gy |

. U U AV _ 9V
5] 5. Exu—yv=0yu+xv=1 R — —, — M —
ax ay ox ~ ay

2 (1). EERAALR,

2 (2). TAANESNTE, RARHFRENRIANT x KFHBIN

{xg—i—yg—‘;——u _| X _y‘=x2+y2
au av .
y&'l'X&— v y
£ #£0 BEHT,

au XU+yV dV  yu—Xxv

ax  xX2+y? ax xX2+y?
YRR IEMEIAST y RS, ARG AS

U XV—yu IV  XU+yv

ay  x2Hyray x4y

FREREEK FEN (53 AT JLAEIL)

1. F(x,y)=0
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2. F(x,y,z) =0
3 F(x.y.u,v)=0
"l G(x.y.u,v)=0
X y I -4 0z
BE.BH-=0¢ (—> Hep o AAMEE, K x—+y—
z z ox Ty

BR. EF(xy.2)=2—0p(%). W

z z? z z?
L3¢
0z Fx _ z 0z Fy, zQ’ (}E/)
X Fox—yp () R ox—ye ()
T=
0z 0z
X& + y; =2z

8.6 ZITHRHHIMERENH

8.6.1 _—_JTERIHIRE
EX. "8 (Xo.Y0) TE z=f(x,y) EXig .

1. &BXF (Xo.y0) ELMIHFETR (x.y), B
f(x.y) < f(Xo.¥0).
R (Xo.Y0) AMAER, f(Xo0.¥o) AMKIE.
2. &xt (Xo.Y0) ZOBEAEMSE (X)), BB
fx.y) > f(Xo.¥0).
FR (Xo0.y0) AMMER, f(xo0.yo) AR/ME.

24
F

o IMAREFMR/IMEGIRIRIE.
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o MAERFMRMERFIMRER.
Bl 1. M THERY, FIER (0,0) EEARES:
(1) F O Y ) = X2 Y e RMESR
(2) FOOCY) = A Lo XE Y e MATES
(3) F XY ) = XY oottt e e ARRER

IR 1 (IRENLEEE). R f(x.y) 7 (Xo.yo) LESHIE, BRSHEE, WE
fx(X0.¥0) =0, fy(X0.y0) =0.

WERR. I z = f(x,y) TER (Xo0.Y0) BRKE. KRKENEX, S (Xo.Yo) BIES
WARFET (X0.Y0) B2 (X, y) #EELFNX

Fx.y) <f(Xo0.y0).= f(X.y0) < f(Xo0.¥0) (X # Xo).
XFAA—TCERE f (X, Y0) £ X = Xo LEVEMAE, EmLs
fx(Xo0.y0) =0.
[EIHEFTIE
fy (Xo0.y0) = 0.

HEL. WR=FTEH u=[f(x.y.2) R (X0.¥0.20) RBEMIH, MWEER (Xo0.Y0.20) BB
WERDLEFHA

fx(X0.¥0.20) =0. f,(X0.¥0.20)=0. f,(X0.Y0.20)=0.

EX. ERMESEBATHSIRAES.

i (1) MESFTRAERRAERE, UARERSHAFENRISE.
(2) ERA—ERRES.(F: (0.0) 2 z=xy HIEREBETFERES)

EIE 2 (IREMFE S &), R f(X.y) &£ (Xo.Yo) RBHBAELL, B—MR_MELRS
#, B (x0.yo0) REMHER. € A=/[ ix(X0.Y0), B=/fxy(X0.¥0)s C=fyy(Xo0.¥0), WA
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1 B B>2—AC <0, M f(xo.yo) HRIE.

e ZA<O0, M f(xo.yo) ARKIE
e ZA>0, M f(xo.yo) AtR/NME

2 AR B2—AC > 0, M f(xo.yo0) FER1E.
3 R B2—AC=0, M f(xo.yo0) REAWREFTHINIE.
STFEEZMEERSBHIERE z=f(x.y), KIREN—RTER:
1. #B5E1E4A fi(x.y) =0, f,(x.y) =0, KT B ¥, Bk BMIE L.
2. FFB—NES (X0.Y0), KEZM RS EHIE A, B 1 C.
3. B AC—B? BIFFS, BHIE f (xo0.Y0) RERWE, 2MAELTZR/IE.
5 2. KEH f(x.y) =x3—y3+ 3x% + 3y? — 9x HIIR1E.
iR, kMRS IEE
{ fu(x.y) =3x2+6x—9 =0,
fy(x.y)==3y?+6y=0
834 (1,0),(1,2),(=3,0),(-3,2). X
fx (X, y)=6x+6, fu(x.y)=0, f,y(xy)=—6y+6

E itk

(1) 7£5 (1.0) &, AC—B2=12x6 >0, X A> 0, # f(1.0) = —5 2k/ME;
(2) %A (1,2) &, AC—B2=12 x (—6) <0, Bkl f(1,2) T24R1E;

(3) %A (—3.0) &, AC—B?2=—-12x 6 <0, Fild f(—3,0) FN2HR1E;

(4) R (-3.2) &, AC—B?=—-12x(—6) >0, X A <0, FILARHTE (—3.2) LBHRK
& f(—3.2) =31.

%3 1. KT R BAIRIE :
(1) f(x.y)=x>+y>—3xy.

(2) f(x.y)=4(x—y)—x>—y2.
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8.6.2 _TERHMIKIE

S—TTEREAERMN, AT AR A R 2 AR B SR K R Y R KB FI & /ME.

REEN—RGZE: FERYE D ANMBER/LHERERE D MiaF EHNRKEMS/)
EHEELE, Hh&aXERARKE, sOFEHARNME.

ERE = Y
z=f(x.y)=x’y(4—x—y)

EES x+y =6, x #F0 y BFERNARE D L X+y=6

kS RMA. X

#R. SREME D MMLES, B5EE

{ fr(X.y) =2xy(4—Xx—y)—x2y =0
fy(x.y)=x*(4—x—y)—x?y =0

5 D IE—3E= (2.1), B f(2.1) =4,

BX f(x.y) £ D i8R LR
HEBHR Xx=0FfMy=0 E f(x.y)=0.
EHF x+y=6L Fy=6—x, TR
flx.y) =x*(6—x)(=2).
Hfi=4x(x—6)+2x2=0 1%
X1=0,X=4=y=6— X|,oq4 =2, f(4,2) =—64.
EERERIEA f(2.1) = 4 ARKIE, f(4.2) =—64 A&m/ME.

X+
Ba. kz=— ) wmAkfEARME
x°+y’+1

fi#. FRER, H

(@+y?+1)°
(v 1)-2y(x+y) 0

{Zx _ (+y?+1)—2x(x+y) —0

V4
Y (@+y?+1)’
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= 1 1 X+y — yhE M S
/A (5. 5) f (—%5.—=), XEX lim Oyl " O RARLEMENE. X

y—oo

S

< 1 1 ) 1 ( 1 1 ) 1

Z\ Q= F=|=F7% Z2|\-——F/=——F= | =""F=
V2 V2 V2 V2 42 V2
AR AER 5, B/MER — 7.

8.6.3 FHRESHEAHREE

1. TEHRE: METERTIREIEEEAN, HITEMENE.
2. FHRE: BEEFMMEFHAIREDE

mRR. KR u=f(x,y) EAREH g(x.y) = 0 THIRIE.

%, € Lx.y)=f(x.y)+Ag(x.y), H
Lx(x,y)=0
L,(x.y)=0
g(x.y)=0
B A Xy, BEH (x.y) BIAREREES.
f5 5. EARUBEBEERIBRAEMASXNMEEEZTRN & RBSKITER, HEWAR (A
7t) SBEETE8EA x1 (A7) RIBKTEEA x2 (Ax) 2BHXZABUTHEEAR:
R =15+ 14x; + 32X, — 8x1X; — 2x2 — 10x2
(1) £ HHRAFRBRAT, KRRMSR, (2) ERENTSHEAA 1.5 Ax, KB
=T SRS,
2. (1) BEHGEFIEREA
L=R—(x1+x>3)

=154 13x; + 31x; — 8x1x, — 2xi —10x5°

X1

2L —_8x;—20x,+31=0

9X2

— =—4x71—8x,+13 =0
EE{ ! 2 8 x; = 0.75, x5 = 1.25.
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X H
9L 9L 9L
= —=—4 Db = = _8, = =2
ax§ 9X10X> ax%
GIEE

B°—AC=64—-80=—-16<0, HA=—4<0
#m (0.75,1.25) ARAER, HEEHOKFEXAM: EARAR, BLREHT SRERE
M 0.75 Atk Er &, A 1.25 AiERA&.

(2) Rit& B H R ¥
F(x1,%2,A)=L(X1.%x2)+ A (X1 +Xx2—1.5)

=15+ 13x7 + 31x; — 8x71%; — 2xi — 10x§

+A(XxX1+x,—1.5)

%:13—8x2—4x1+)\=0
%:31—8x1—20x2+)\=0
X1+ X2=1.5

f#15 x1 =0, x, =15, Bl &% 1.5 AnEMBATRE &, AIEFERK.

Bl 6. RRIE~H=mHEE S (W) SFAMMER A B HMHE x.y (M) ERXHER
S(x.y) =0.005x%y,, BLUERERITEFK 150 ATMER, 251 A.B BERIEHEMNSHIA 1
AT 2 A, BEHMERMER, FREEETHHERS?

N

2, EE, BIREH S(x.y) = 0.005x%y #EEMH x+ 2y = 150 THIHRAME. 1ERi&EH
F(x.y.A) = 0.005x%y + A(x + 2y — 150)

oF

% =0.0lxy+A=0
% =0.005x2+2A =0
X+2y—150=0

f#13 x =100,y = 25.
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EXE—NEm, BERXE—EEE, W= (100,25) AxK{E, &AK{E S(100,25) =
0.005 x 100% x 25 = 125 i, BIA3# A B4} 100 Mk, B B4} 25 M, AJfEE~SLER X
{& 1250 i,

BIEE. R u=f(x.y.z.t) EAREH g(x.y.z.t)=0 F h(x.y.z.t) = 0 THIIRIE.
k. &
L(x,y.z,t)=f(x,y.z,t)+ Ag(x.y.z,t)
+ uh(x,y,z,t).
HTHEEN
Ly=0, L,=0, L,=0, Lt=0, g=0, h=0
EEAN MU, BEHN (xy.z.t) BDARETTZES.
1. ZURHBHIRE: NERENLERYE. Zo&EH
2. ZILRBIRE: R HFRECE

BE. & f(Xo0.y) & f(X.y0) F (Xo0.yo) REESIRE, M f(x.y) R (X0.Y0) BREHRE
SthiE?

EBR. T2 5 f(x.y)=x2—y?,
1. H x=08t, f(0.y) =—y? # (0.0) BURK1E;
2. ¥ y=0H, f(x.0)=x? 7 (0.0) BUAR/\E;

3. B f(x,y) =x?>—y? £ (0,0) FEURIE.
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